Appendix A: Derivation of the Consumption Growth Decomposition
Start with the definition of aggregate consumption as the sum of consumption financed out of labor and capital income:
C = cₗ wL + cₖ rK
Here wL is total labor income, rK is total capital income, cₗ is the marginal propensity to consume out of labor income, and cₖ is the marginal propensity to consume out of capital income. Totally differentiating:
dC = cₗ d(wL) + cₖ d(rK)
Dividing both sides by C, and noting that labor share λ = wL/Y so that wL = λY while rK = (1−λ)Y, gives:
dC/C = [cₗ d(wL) + cₖ d(rK)] / [cₗ wL + cₖ rK]
Defining growth rates g_C = dC/C, g_wL = d(wL)/wL, and g_rK = d(rK)/rK, and weighting each by its share of consumption:
g_C = (cₗ wL/C) g_wL + (cₖ rK/C) g_rK
where λ* = cₗλ / [cₗλ + cₖ(1−λ)] is the consumption-weighted labor share. This yields:
g_C = λ* g_wL + (1−λ*) g_rK
For exposition, the main text uses the simpler approximation g_C ≈ λ g_wL + (1−λ) g_rK, which holds exactly when cₗ = cₖ and approximately otherwise once linearized around λ. The core result — that g_C < g_Y whenever λ falls and cₗ > cₖ — is preserved under either version.
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